This paper studies a few interesting properties of the rising sun function of a bounded real function defined on a closed and bounded interval [ , ] a b on the real line. An operator which we call the Rising Sun operator, defined on the space of all bounded real functions defined on [ , ] a b and its related operators are introduced and their properties are investigated.
Introduction
The Rising sun function was used as a tool in the proof of the famous Lebesgue's theorem on the differentiability of a real valued monotone function without using the theory of integration [3] . In this paper, some properties of the rising sun function are presented, an operator on the space of all bounded real functions defined on a closed and bounded interval [ , ] a b and its related operators are introduced and their properties are investigated.
In what follows » and » stand for the real line and the set of all positive integers respectively. Also B B B B stands for the Banach algebra of all bounded real functions defined on a closed and bounded interval [ , ] a b , where , a b ∈ » and a b < under the supremum norm.
Preliminaries

Definition [4]:
The rising sun function of a function f ∈B B B B is defined by
Definition:
For f ∈B B B B we define the following. 1.6 Definition: Let H be a Hilbert space and let T be a bounded operator on H .
T is the Hilbert-adjoint operator of T and I is the identity operator on H .
Relations among
, , f f f and f
In this section the relations between the rising sun function and its analogues that are introduced are presented in the following propositions.
Proposition:
For f ∈B B B B , ( ) ( ) a f f = − − and ( ) ( ) b f f = − − .
On the rising sun operator 
Suppose that λ is a positive real number and f ∈B B B B .
Remark: From the following example, it is clear that ( ) T f g Tf Tg
+ ≠ + . 
Example:
Define :[0,1] f → » and :[0,1] g → » by ( ) f x x = and ( ) 1 [0,1] g x x x = − ∀ ∈ ⇒ ( )( ) 1 [0,1] f g x x + = ∀ ∈ . Then ( ) ( ) 1 f g x + = and ( )( ) 2 [0,1] f g x x x + = − ∀ ∈ .
4.10
Remark: From the following example it can be observed that
4.11
Example:
Proposition:
T is continuous on B B B B . 
Remark:
